TRUNG TAM BDVH & LTPH NHAN TAI

245/37-39 Nguyén Cong Hoan - PN

DT: 0905.652.581 — 0905.620.855

CHUYEN PE

TiCH PHAN

A.LY THUYET CAN NAM

I-NGUYEN HAM
1 - Tinh chit ciia nguyén ham:
1) (Jfx)dx )’ = f(x)
2) [af(x)dx =aff(x)dx (a=0)

3) JIfx)tgx)]dx = [f(x)dx £ [g(x)dx
4) [f(t)dt = F(t) + C = [f(u)du = F(u) + C

2 - Bang cac nguyén ham thwong gap

cosxdx =sinx+C

sin xdx = —cosx+ C
1

J cos? x

1

Jsin’ x

de=tanx+C

dx=-cotx+C

Nguyén ham Ham so6 hop twong wng
cdc ham so so cdp (duoi day u = u(x))
dx=x+C | du=u+C
X xa+1 . ad u(Z-H C
a gy — u“du= + _
x“dx= a'—l—1+C (o #-1) ] 01 (a #-1)
(1 L =1+ C
.;dlen\x\JrC (x # 0) ), = Infu| + (u = 0)
(e dx=e* +C .e“du=e”+C
[ 4% d a C [ 4" du = @ +C
)4 x_lna+ (O<a=l) . Ina (0<a=1)

cosudu =sinu +C

sinudu = —-cosu +C
1

* 0082 u

1

Jsin’u

du =tanu +C

du =—-cotu+C

KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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TRUNG TAM BDVH & LTPH NHAN TAI

245/37-39 Nguyén Cong Hoan - PN

DT: 0905.652.581 — 0905.620.855

H¢ qua:
Nguyén ham Nguyén ham
cdc ham so6 so cdp cdc ham so so cdp
. ol . ]
(ax+b)“dx—] m+C (o #-1) cos(ax+b)dx =—sin(ax+b)+C
. a a+l . a
! dxziln‘ax+b‘+C .Sin(ax+b)dx=—icos(ax+b)+C
‘ax+b a : a
[ b 1 b : dx : tan(ax + b))+ C
ax+ ax+ =—
e Tdx=—e"" +C J cos’(ax +b) a
' ¢ 1 !
. 1 g™ — dx =——cot(ax +b)+C
a™"dx = — +C Y sin”(ax + b) a
m Ina

I1 - TICH PHAN XAC PINH

1 — Dinh nghia: b
[f(x)dx =
a

2 =F(b) - F(a)

(Trong d6 F(x) 1a mot nguyén ham cua (x))

2 — Tinh chit ciia tich phan xéc dinh

(1) ] f(x)dx:O

2) [/ @dx==[ f(x)dx

a

(3) jkf (x)dx = ki £ (x)dx

@) [0 g()dx = [ f(0dr [ g(x)dx

KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

(5) jf(x)dx = J.f(x)dx + jf(x)dx

(6) fx) >0, v  [a: b] =) f()dx=0

(7) f00) >g(x), Vi € [a; b] =] [()dx= [ ()

&) m<fix) <M, Vi e [a; b] =mb-a)<[[(@)dx<M(b-a)
B. CAC DANG TOAN

Chu diém 1
PHUONG PHAP TINH TiCH PHAN

Vin dé 1: Dung phép bién ddi so cip va cong thirc vi phan

Bai 1: Tinh cac tich phan bat dinh sau:

xt+2x +x2+2x +1 ( 1 T
1 dx 2) | Vx +—— | dx
).[ X2 ).[ %/;
2010
3) (T X 4) [ dx
X 1+sinx
3x% +1 1
5 dx 6 dx
AN ooy
2
1 4x5—3x4—1
7 «/§+— dx b1 d
) (55 e
9) J‘(x+i)3dx 10) J‘(\/;+2§/;)3dx
Jx

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong NhatLy 3



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

11) I(%/;+1Xx-\/_+2)dx
13) I(X2+i)4dx
15) I(ax3+b)2dx

17) [x(x+a)(x+b)dx
19) I(Zx—ex)zdx
21) IVeX+e'X—2dx

2 5) J- 4sm2x
1+ cosx

Bai 2: Tim nguyén ham cua cac ham so0 sau:

1. f(x)=x>-3x+ L
2x* +3
2. f(x)= 2
r
3. f(x)=
(x* =1)
4. fx)=" 3

5. f(x) = vVx +x +{x

KY THUAT GIAI TOAN TiCH PHAN

12) (e L) o

2
14) IX :4de

\/X +X

16) I 2 4x

18) I2Xexdx
20)[ eX +e ™ +2dx

ez'SX +1
X

22) I dx

24) [V1-cos2xdx

26) I 2009’C+2010dx
3
x> 3x?
PS. F(X)_——T‘I‘IHX‘I-C
2x° 3
ps. F(x)——_;+c

1
DS. F(x) =Inx + — +C

3

X 1
PS. F(X): ?—2X+;+C
3 4
3

2x
bS. F(x) = + + +C

Bién soan: Thac si. Trwong Nhat Ly

4



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

1 2
- = 2Jx-3x* +C
6. f(x) & U bS. F(x) \/7
Jx -1y’
7. f(x)z% bs. F(X)=X—4\/;+lnx+C
5 2
x-1 G ox34C
8. f(x)= Jx bS. F(x) =
9. f(x) = 2sin’ > PS. F(x)=x —sinx + C
10. f(x) = tan’x bS. F(x)=tanx —x + C
1 1 .
11. f(x) = cos*x PS. F(x)= §x+zsm2x+ C
12. f(x) = (tanx — cotx)? bS. F(x)=tanx - cotx —4x + C
1
13. f(x) = sin 2 x.cos 2 x bS. F(x) = tanx - cotx +C
14, f(x) = cos2x BS. Fix) = e
. f(x) = sin? x.cos” x . F(x) = - cotx — tanx
1
15. f(x) = sin3x bS. F(x)= _ECOS 3x+C
1
16. f(x)= 2sin3xcos2x bS. F(x) = —§COS5X—COSX+C
1 2x x
17. f(x) = eX(e* — 1) PS. Fx)= ¢ ~€ +C
e—x
18. f(x)=¢e*(2 + o5 x) bS. F(x)=2¢e* +tanx + C
2a_ + 3 +C
19. f(x)=2a*+3 bS. F(x) = ng . In3
1 3x+1
20. f(x) = &1 ps. Fx) =3¢ +C
Bai 3: Tim ham so f(x) biét rang
1.x)=2x+1vaf(l)=5 bS. f(x)=x?+x+3

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Trwong Nhat Ly 5
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3
X

2. P(x)=2-x2vaf(2)="7/3 BS. fix)= 2¥ =5+l
Sxvx x? 40
3. P(x) = 4+x—x va f(4) =0 PS. f(x) = XTX—%—?
4PR)=x- 52 vaf(1)=2 BS. f(x) = = #4253
. (X)_X'XZ Va()_ . (X)_ 2 X 2
5.P(x)=4x3-3x>+2 vaf(-1)=3 bS. f(x) =x*—-x*+2x+3
b x> 1 5
6. £(x) =ax + ?af'(l)=09f(1)=4,f(—1)=2 PS. fx)= 5+ _+35
Bai 4: Tinh cac tich phan bat dinh sau:
e 1
1. [eX (1+—2jdx 2. [2% 3% dx
X
dx e"dx
3. 4.
Jx.ln2X Ie2X —1
Bai 5: Tinh cac tich phan sau:
2
1. j(sini—cosij dx 2. jsinzidx 3. czzos2.x2 dx
2 2 2 Cos” X.sIn” x
4. [— cos 2% dx 5. [cot® x dx 6. [tan’ x dx
sin X + cos X
7. thXQ dx 8.[cos’x dx 9. [sin* x dx
l+sin” x
5 dx In(ex)
10. [tan’ x dx 11. | 12. [———dx
{sin’ x cos® x I+xInx
) i 2 i x s
13.1=] _df 14. | d)i 15. I\/sm .X3 SR otx dx
zsin” x 0 COS X r sin” x
4 3
3
16. | dx . R — - (ds2.1n2)
COS X.cos(X + 4) % sin X.sin(x + 6) 2

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Trwong NhatLy 6



TRUNG TAM BDVH & LTPH NHAN TAI

245/37-39 Nguyén Cong Hoan - PN

DT: 0905.652.581 — 0905.620.855

PS (TPXD):

1&(%)

Bai 6: Tinh céc tich phén bat dinh sau:

1.{ﬂ_—j§de

dx

3
X —X

4. f

dx
! I\/)(—2—\/X+1

10. J(2x+3)v2x +1 dx

2_
13, I2x 7X+7dX

x—2

dx
x(x" +a)"”

16. |

4
14. (— 15. (—=
(3) ( \f
4 2
5 J.X +22X +X+2dX
X +x+1
3
X
5. dx
IX8—2
2X
8. | dx
X +vVx?—1
.| dx
3-2x
14, |27 4
2x°=Tx+7
17. jl_—edx
1+¢e*

dx

x> +x°

3.

3x+ 1)
(x+ 1)

6. |

9.[(4x* —4x +1)°dx

1zj§§i%x

15. ] 2x—2 dx
X —=3x+2

18. dx
Jezx +3

Vin dé 2: Phwong phap doi bién so

A. Phwong phap: Bai giang trén lop.

B. Bai tap tu luyén:

Bai 1: Tinh cac tich phan sau:

1) I(Sx —1)dx

4 [ —

dx
2)16—2m5
5) I(sz +1)" xdx

KY THUAT GIAI TOAN TiCH PHAN

3) I\/S —2xdx

6) I(x3 +5)* x’dx

Bién soan: Thac si. Truwong Nhdt Ly 7



TRUNG TAM BDVH & LTPH NHAN TAI  245/37-39 Nguyén Céng Hoan - PN

7) I\/xz + 1.xdx 8) j

DT: 0905.652.581 — 0905.620.855

dx

al 9 I—3x2 dx
x*+5 ) N5+ 2x3

10) J’\/;(lix\/;)z ) .[ ln X 12) jx.€x2+ldx
13) jsin“xcosxdx 14) J‘cscizxx 15) h]‘z%dx

J-t:(r:sfcic 17) .- Sidl:x ) J‘ Cz’jx 19) J. tan xdx
20) fi/gdx 21y | J% 22) Iczszx dx 23) [V1-xax

J- x2dx
1+ x? 27) A1 = x?
dx

28) jx P 29) .cos xsin? xdx 30) _[x\/x 1.dx

32) Va1 33)j2xJ:dx 3 [xl1-x*dx 35)jx3:2dx 36)j

24) j% 25) [N1-xdx  26) |

Za

4

37) xdx 38) j X dx 39) I xJdx 40) _[ (6x-5)dx
"Jx% +1 x> +4 \/x +1 2\/3x2—5x+6

cosxdx \/lnx

41) [sin® xcosxdx ~ 42) 43) dx 44)
J J‘q/sm X '[ J‘cos x+/1+tan
. 2x-3)d d d

45) | e* sin(e™)dx 46) % 47)_[ 1)—1:: 48) I:j +X1

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 8



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

2x
49) _[ e’dx 50) j 7 dX 51) Itanxdx 52) Icot xdx
53) [ tan 3xdx 54) j cot(2x+Dydx  55) [———— SI2X_ 4 s56) j
1+cos X xInx
57) j de 58) j SX cos xdx 59) j e xdx 60) j ¢ x2dx
X

61) [(3x +1)*d 62) [—2X=4 _ax  63) [(IX 64

)‘[( x+1)7dx )Ix —4x+2 > )lenx )J‘X+\/X7—

65) [x/x-+1dx 66) [l* +1fax  67) e 68) [

X" —=2x+1

3
6a) [— X _4x 70 71) (XX 72
)] x4l )I(X +1)2 )I(x+1)3 )
Ix x2+1dx
73) Icos4xdx 74) I% 75) IX\/ZX-IdX 76)
sin“xcos”x
3
I(j dx)2 77) jtan3 xdx 78) I(2X3+1)3X2dx 767) Isinsxcosxdx
x —4
80) [ 1 o Vxdx
g1) - 82) [1 m "ax 83) [xUexlax  84)
cos” X 1- 1-
I dx

xInx.In(Inx)

Bai 2: Tinh cac tich phan sau:

DI=[2x-3)Ax*=3x+5dx 2)J= j

xInx

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong NhatLy 9



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855
2 3

X —X
dx 5)L= X X
) Jx6+4x +4x% +1 1+8 )_Il 1+2

HK = j

4

HD va PS: 3) Ditx = tant = T = In(v/2 + 1)
4) Gia str x # 0, chia tir va mau cho x>

X —\/_X-l—l

Sau d6 datu = x+1:>DS |+C

X 2\/7 x +\/7X+1

I X . 1
5) Gia sur x # 0, chia tir vda mau cho x3, Sau d6 datu=x + —

X
2
= bS: ——lnX +2X2+1+C
2 xt+2x%+1
Cau 6; 7: batt=-x ; cau 7: bS: 1/5 ; cau 6: BS: - ! In 8 +C
In8 1+8"

Van dé 3: Phuwong phap tich phén tirng phan

A. Phwong phap: Bai giang trén lop.
B. Bai tap tu luyén: Tinh cac tich phin sau:
Bai 1:
1 e e
1) I(X2 +2x).e"dx 2) [(1+x).Inx dx 3) jln2 X dx
0 1 1

2

HD-BS: 1)e 2) % +% 3) Batu = In’x, dv = dx: PS: e-2

Bai 2:
1 e
D) [(1+x)*edx (Patu= (1+x)*, dv=e*dx) 2) [x.In*x dx
0 1

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Trwong Nhit Ly



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

e 2
D] gx @atu-lnx,dve a0 4) [PF dx
1(x+1) (1+x) 1 X

€

1 i B
5) [Vx*+1dx (Pdtu=+vx*+1,dv=dx) "6) | dx 6) [ x.cos’x dx
0 0

n 2
7)[x.sinx.cos’ x dx (Pdtu=x,dv =sinx.cos’x dx) 8) [e*.cos’x dx
0 0

e’ 2
9) [cos(Inx) dx (Patu = cos(Inx), dv = dx) 10) szln(1+l) dx
1 1 X

1+sinx

z 1 2
cdx ps:er 12) [ Vegx  ps:i
1 +cosx o (x+1)

1) ]

1 o 1
3)0 4) —(1-1n2 5) — ——
) )2( n2) )164

“6) Ditu= — dv= d’; ,DS:£+lln(x/§+1) 7T 8 Ler_3
COS X CcOS” X 2 2 3 5

9) -%(e7T +1) 10)Dbatu= ln(1+l), dv = x?dx, PS: 3ln3—%ln2+é
X

Van dé 4: Tich phin ciia ham phén thirc hiru ti
A. Phwong phap: Bai gidang trén lop.

b, b

- Nam cac dang co ban: =, 2, 2, L,
bl bk b2 b2

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 11
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- Dang tong quat: ij—(X)dx
Q,(x)

B. Bai tap tu luyén: Tinh cac tich phan sau:

4X+3 2x+3

HI= )= HI= dx
) j2X+1 ) I x? —4x +1 ) Jx3+x —2X
N
=B 2 s 5 & 6= [
(x+1) +3x>+2 X —3x-|—2
1 _ e _
ni=]- 2D 4 g1=]E2 & 91= j—dx
0X —5x+6 1 X —=3x"+4 0 X +2x+1
x* +1 3x° < X’
10) I= j—dx 11) I= j—dx 12) 1= j 5
0 X +1 0 X +2x+1 1 X —7X+12
13) =] dx 14)}X mLE
0 X +x+1 ax> - x
HD & DS: 1)I=2x+lln|2x+1|+C 2)1= X 2= II
2 2\/_ - 2+4/3
3) 32X:_3 :é—l_ & + < :>A='§’B=§9 ='l
X +x°-2x x x-1 x+2 2 3 6
4) 1= A + B + ¢ =A=1,B=2,C=-1

x+1 (x+1)* (x+1)
S)I:A)Z(+B+C)§+D . B-D-0C—-1.A—4
X“+2  x"+1

2
PS: %—2ln(x2+2)+%ln(x2+1)+c

6) 1= 4 B, C _aA-3B=2cC=1
x-1)" x-1 x+1
7)-In18  8) — 4+ 1| X2 9) 3Ind - 2
3(x—=2) 9 4

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 12
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DT: 0905.652.581 — 0905.620.855

100 11)-8+ 2mo
3 2

/3

12) 1 +25In2 — 16In3 13) 772’

Van dé 5: Tich phan ham vé ti

A. Phwong phap: Bai gidng trén lop.
- Nam mot so dang tiéu biéu sau:

B
1) If(x,\"/ax+b)dx

A
2) F Nax" +b)xdx

a

B
3) :f('\”/axk +b,4/axk +b).x dx

a

A

4) | Va® +x*dx
;

5) ) azixzdx
B

6);[ xz_azdx
(N

7) o x2+kdx
A

8).\/x2+kdx

9)4 : dx

;\/axz +bx+c

B. Bai tap tu luyén:
KY THUAT GIAI TOAN TiCH PHAN

£ 1
dx
10) ;[\/azx2 +bx+c
5

1) | \/ax2 +bx + cdx

B
12) .' Jx+a)(x +b)dx

(2

J- 1
13) \/(x+a)(x+b)

/x a
>
14)_[ x+adx a>0

15) J.(mern)\/azx +bx+c

£ dx
1) o)t a £ fpx)+b

A dx

2 p(0) =\ [p0] +b

dx

17)

Bién soan: Thac si. Trwong Nhat Ly
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TRUNG TAM BDVH & LTPH NHAN TAI

245/37-39 Nguyén Cong Hoan - PN

DT: 0905.652.581 — 0905.620.855

Tinh cac tich phan sau day:

Bai 1:

1) [J(2x +3)* dx

Y J1+f
7) j x 1+ x*dx

10) J‘ X—de

2 xvl+x?
NG
13) [ x’vx* —1dx
1
V272 xz

16) l—rxz”b“
: dx

19) | ———

)'l[x2\/1+x2

HD & DS:

1) [ DX 4y

1 XV 1+ 1Inx

14)j \/:

7 !).\/Ifxz

2
20)]X2V4 —x’dx
0

3) I(X+2)\/2X+3 dx

6) }X3\/1—X2dX
0
9) }\/(l—x2)3dx

1

18) | V1+x*dx
J
0

|
21) I 3x+2

0(x +1)Vx%+3x+3

(Cbu y: Ngoai can, trong can cung bac 2 thi nén dung ham lugng giac)

46 2
H21-m2) 5 6 D42
V2.3 -1)

—J5+1
10)\/5 J5+1n (\/g—l)

T
14) —
'

Bai2: 1) |

dx
x*V1-x?

KY THUAT GIAI TOAN TiCH PHAN

) Inie-n i

15) i(g—l)

Kt

8
13) —
)15

3) TX2V4—X2dX (m)

Bién soan: Thac si. Trwong Nhdt Ly 14
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dx dx
Bai 3: 1 2
”szﬂ—ﬂzxﬂ )Ix/Zx—l—i‘/Zx—l

e q. dx dx
Bai 4: 1)]\/;(%_%) D[ =

. 2
HD - DS: Bai2: 1)DS: "% 1 C Véi x = sint
X
I, u-1 1 .
2)PS: V2[ —In |2 |+~ ]+ C Véiu=cost, x + 1 = /2 tgt
2 u+l u

3 2

Bai3: 1)PS: 3[ %+%+t+ln|t—l| 1+C Véit= 2x+1)
2) PS:vV2x —1+242x -1+ 2In | {2x =1 —1|+C
2

Baid: 1) PS: -12] %+t+ln|t—1| 14+ C Véi t = ¥x

3 2
2) PS: 6] %—%+t+ln|t+l| 1+C Véit= 9x)

Van dé 6: Tich phan cic ham s6 lwong giac
A. Phwong phap: Bai giding trén lop.
- Doi bién trong tich phin ham lwong gidc.
- Nidm mét so dang tiéu biéu sau:

1) [(sin, cos, ...)"dx asinx + bcosx + ¢

6) |—. dx
2) [(tan, cot, ...)"dx msin X + pcosx +
dx
7) - .
3 ! d
j (sin, cos, ...)" x sin(ax +a).sin(ax+ f3)
4 . 8) I dx
4) [tich(sin, cos)dx ST @).cos@ T B)
dx g
> I ) jcos(ax+0¢).cos(ax+,b’)

asinx + bcosx +c¢
10) [tan(ax +a).tan(ax + f)dx
KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 15



TRUNG TAM BDVH & LTPH NHAN TAI

245/37-39 Nguyén Cong Hoan - PN

DT: 0905.652.581 — 0905.620.855

11) [tan(ax +a).cot(ax + f)dx
12) [cot(ax +a).cot(ax+ B)dx

sin® x / cos* x
13) jo dx
sin® x + cos*x

B
14) I=| dx

2 : 2
n asin x+bsinxcosx+ccos” x

dx

B. Bai tap tu luyén: Tinh cac tich phan

2
Bail: [ =jsin5x dx (%)

L=]

= jsin2 X.cos” X dx

sin? x
dx

COS X

L= f dx I I sin’ x dx
2 =) 3=
sin x.cos’x COSX.3/COSX

I = [cos* x dx

dx
I8:I . 3 2
sin” X.cos“x

sin? x.cos* x dx

dx

sin’ x.cos’x

J
19:J.

dx sin x.cos’xdx 2
Lo =(— I, = I,, =|cos ox dx (=
10 Isin4 X.COSX ! I 1+ cos’x g ( )
dx 2 4sin® x 4 5in® x + cos®x
;=] : =[— Iis =] x dx
sin2x —2sin X 01+cosx K 6" +1
4
.. : X X
Bai 2: I, = [sin2x.cos5x dx = jcosx.cosz.cos— dx
% T g dx
I, = [#tan x.tan(x _Z)dX = |; -
6 sinX.cos(x + 6)
dx dx dx
Bai3: [ = I,=—— (m<l1 I, =
: I1+sinx+cosx 2 Isi1r1x+m ( ) : Isinx
2]+sin2 2 2 .
Bai4: I, =] I+ s-m X T COSX ix (—1) I, = [cos2x(sin* x + cos* x) dx (—0)
x  SInX+ cosx 0
6
3 sinx 2
= dx I, = [cos® x.cos” 2x dx (=5
0 SIN X + COSX 0 8
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T

0 2 Q1
Bai5: I = [ (sinx+cosx)* dx [, = [SIXFTCOSXH0 4

n 0 4sinx +3cosx +5

4

T T

2 i 3 2

13 :J- | 5SlI'.l X 5 dX 14 :J- . COS X dX

oSIN” X+ COS™ X QSIHX+\/§COSX

, | , b
Van de 7: Tich phan cac ham trj tuyét doi [|f(x)|dx
A. Phwong phap: Bai giing trén lop.
B. Bai tap tu luyén:
1 T
I = I\/4X2—4X+1 dx (BS: %) L= [vJ1+cos2x dx (DS:Z\/E)
0 0
3n

4 T
L= [|sin2x| dx (PS: 1) L= [Vi+sin2x dx (DS:2+2)
T 0

|

152

S —3a

2n
| cosx |v/sinx dx (DS:%) Ig= [Vl+sinx dx (DS: 42)
0

Chi diém 2
UNG DUNG CUA TiCH PHAN

Van dé 1: Tinh dién tich hinh phing
A. Phuong phap
V. Di¢n tich hinh thang cong S gidi han bé1 cac duong:
x=a;x=b(a<b);y=1(x)vay=g(x)=0 (truc hoanh) duoc cho

b1 cong thire sau:

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 17
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b
S = ilf(X)ldX D

V. Tong quat: Dién tich hinh phiang S giéi han bdi cac duong: x =a;x=Db

(a<b);y=1(x) vay = g(x) dugc cho bo1 cong thirc sau:

b
S = Jll f(x)-g(x)|dx (2)

Chii y: e Cong thirc (2) trd thanh cong thire (1) néu g(x) = 0.
e Tinh céc tich phan (1), (2): Dung pp & van dé tinh tich phan
ham chira gid trj tuyét dbi hay dung do thi dé pha tri tuyét doi.

e Diing (1): Néu (S) gidi han bai (C): y = f(x) va truc Ox thi (C)
, \ b

phai cat Ox tai hai diém c6 hoanh d§ 1aa, b= S =[] f(x) | dx .
a

e Diing (2): Goi (C): y = f(x), (C): y = g(x) thi ta phai tim diém
chung cta (C) va (C) trén [a, b]:
* Néu tim dugc hai diem chung ma hoanh dg 1a a, b hoac
. b
khong co diém chung = S = [ | {(x) - g(x) | dx.
a

+ Néu tim dugc mét diém chung c €[a, b]
b b

C
= S=£|f(X)-g(X)\dX =£\f(X)-g(X)|dX+ (I:If(X)-g(X)IdX

(Dya vao hinh vé& ctia (C) va (C") hodc xét dau dé pha tri tuyét d6i)
Noi chung:
- Néu mién gio1 han béi hai duong, khong cho a, b: Tim cac nghiém

X <x,<..<x.Khidé S = Jlf—gldx;..

X
- Néu mién gi6i han bai ba dudng trd 1én thi ta phai v& d6 thi dé xac dinh can.
B. Bai tap tu luyén

Bai 1: Tinh dién tich hinh phang gidi han boi (P): y = x2 — 2x + 2,
KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Trwong Nhat Ly 18
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tryc hoanh va hai duong thangx =1,x=2 (S = g dvdt)

Bai 2: Tinh dién tich hinh phang giéi han boi (C): y = x* —2x2+ 1,
16

truc hoanh. (S = s dvdt)
Bai 3: Tinh dién tich gi6i han boi (H): y = ‘2"2
X +
truc hoanh Ox va duong thang x = 2. (S = 4(1-In2) dvdt)

Bai 4: Tinh dién tich gidi han boi (C): y =- x>+ 3x2-2, (0<x <2)
tryc hoanh Ox, truc tung Oy va dudng thang x = 2. (S = % dvdt)

2
Bai 5: 2) V& (C): y = f(x) = * 2%

x—1
b) Tinh dién tich S(a) gid1 han boi (C), tiém can xién cua (C) va hai
duong thang x = a, x =2a (a > 1). Tim a dé S(a) = In3.
2a—1

(b) S(@)=In dvdt, a=2)

Bai 6: Tinh dién tich hinh phang giéi han boi (P): y = 2 - x? va dudng thiang
(d):y=x (S= % dvdt)

Bai 7: Cho (C): y =f(x) = (x* - 1)’ va (P): y = g(x) =- 3x* + 2x + |
a) Tim diém chung cua (C) va (P)
b) V& (C) va (P) trong cung mat phang (Oxy)
¢) Tinh dién tich hinh phang giéi han boi (C) va (P). (S = % dvdt)
Bai 8: Tinh dién tich hinh phang giéi han boi cac duong cd phuong trinh:
2
y=x2, y=X  y=2% (S = 27.1n3 dvdt)
27 X
Bai 9: Tinh dién tich hinh phang gidi1 han bdi cac duong c6 phuong trinh:
2
ax=y?,ay=x> (a>0) (S= a?d‘vdt)
Bai 10: Tinh dién tich hinh phang gii han boi cac duong c6 phuong trinh:
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Y 3 3 3 Y x—-3

Bai 11: Tinh dién tich hinh phang giéi han boi cac duong c6 phuong trinh:

(S =9 — 8In2 dvdt)

> S . , 3 8
=X "——x+1 vav=-Xx"+—x+1 S = — dvdt
y 5 y 5 ( 3 )

Bai 12: Tinh dién tich hinh phang giéi han boi cac duong:
y= x> —2x> +4x -3 (C) va tiép tuyén ctia duong cong (C) tai
diém c6 hoanh d¢ bang 2. (S= % dvdt)
Bai 13: Tinh dién tich hinh phang giéi han boi cac duong:
(P): y2 = 2x, truc Ox va tiép tuyén cta (P) tai A(2;2) (S = g dvdt)

Bai 14: Tinh dién tich hinh phang gi01 han boi cac duong:
(P): y =x%—4x + 5 va hai tiép tuyén cta (P) ké tai hai diém A(1; 2)

va B(4; 5) (S= % dvdt)

Bai 15: Tinh dién tich hinh phang gi6i han boi dudng cong:

y= X" +3 (C) va duong thangy—-x+3 (S =3 — 4In2 dvdt)
X +1
Bai 16: Tinh dién tich hinh phang gidi han boi cac dudng cong sau day:
y=2x*vax=y? (S = % dvdt)

Van dé 2: Tinh thé tich ciia vat thé tron xoay
A.Phwong phap

V. Thé tich ctia vat thé tron xoay Vo sinh ra béi hinh phang giéi han boi
cac duong: x=a;x=b (a<b);y=0vay=1f(x) quay xung quanh tryc
b
Ox, dugc cho boi cong thirc sau day: Vox=7 [ f 2 (x)dx
a
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V. Thé tich ctia vat thé tron xoay Voy sinh ra béi hinh phang giéi han boi
cac duong:y=a;y=b(a<b);x=0vax=g(y) quay xung
b
quanh truc Oy, dugc cho boi cong thirc sau day: Voy=7 | gz(y)dy
a

V. Néu hinh phang gi6i han boi (C): y = f(x) va (C’) y = g(x) lién tuc trén
[a,b] va f(x) > g(x) Vxe[a,b] va hai duong thang x =a, x =b. Khi do
thé tich vat thé tron Xoay sinh ra bo1 hinh phang nay quay quanh truc Ox

duoc tinh boi: Voy =7t | [fz(x)- o?(x)|dx =n| fz(x) dx — nj o2 (x) dx
a a a
(V=Vi-V2)
V. (Tugng ty khi hai duong quay quanh Oy)
B. Bai tap tu luyén

Bai 1: Mién D gidi han boi cac duong y = 0 va y = 2x — x2. Tinh thé tich
cua vat thé tron xoay dugc tao ra khi D quay:

a) Quanh truc Ox (BS: 116—; dvtt)
8n
b) Quanh truc Oy (DS: 3 dvtt)

Bai 2: Tinh thé tich ctia khdi tron xoay tao nén khi ta quay quanh truc Ox
hinh phang S gi61 han boi (C): y = Inx , truc Ox , duong thang x = e.
(BS: n(e—2) dvtt)
T

Bai 3: Cho hinh phang D gi6i han bdiy =tgx ,x =0, x = 3 ,y=0

a) Tinh dién tich cua D
b) Tinh thé tich khoi tron xoay khi quay D quanh Ox
(PS: S =In2 dvdt, V =n(+/3 —g) dvtt)
Bai 4: Tinh thé tich cua khéi tron xoay tao ra boi hinh phang gidi han boi
hai duong congy =x?,y = Jx quay quanh truc Ox. (DS: ?—g dvtt)
Bai 5: Mién D gio1 han boi cac duongy =4 vay = (x - 2)2. Tinh thé tich
cua vat thé tron xoay dugc tao ra khi D quay:

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Trwong Nhat Ly 21



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

256m

a) Quanh truc Ox (PS: dvtt)

128m

b) Quanh truc Oy (DS: dvtt)

Bai 6: Mién D gi6i han boi cac duong x> +y-5=0vax+y-3=0.
Tinh thé tich cua vat thé tron xoay duoc tao ra khi D quay quanh Ox

®S: 1257 dur)

Bai 7: Mién D gidi han boi cac duongy =4 -x vay =x2+2
Tinh thé tich cua vat thé tron xoay duoc tao ra khi D quay quanh Ox
(DS: 167 dvtt)

3
Bai 8: Mién D gidi han boi cac duong y = X?Vé‘l y = x?

Tinh thé tich ctia vat thé tron xoay dugc tao ra khi D quay quanh Ox

5
23 m dvtt)

(DS:

TICH PHAN TRONG PE THI PAI HQC TU 2002 PEN 2013

Bai 1 (PH A2002) : Tinh dién tich hinh phang gi6i han béi cac dudng :
y=‘x2—2x+3‘ . y=x+3 bS: §=—
Bai 2 (PH B2002) : Tinh dién tich hinh phang gidi han boi cac duong :

2 2
x x 4
YN YT 3

Bai 3 (PH A2003) : Tinh tich phan :
243 dx

é xxi+4

Bai 4 (bH B2003) : Tinh tich phan :

I=

Bai 5 (PH D2003) : Tinh tich phan :
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22



TRUNG TAM BDVH & LTPH NHAN TAI 245/37-39 Nguyén Cong Hoan - DN DT: 0905.652.581 — 0905.620.855

I:j‘xz—x‘dx bS: I=1
0

Bai 6 (PH A2004) : Tinh tich phan :
2

X
(il o

Bai 7 (bH B2004) : Tinh tich phan :

bS: I=%—4ln2

I:J‘x/1+3lnxlnxdx. Ds - I:M
0 X 135
Bai 8 (PH D2004) : Tinh tich phan :
3
I:J.ln(xz—x)dx. PS: /=3In3-2
2
Bai 9 (PH A2005) : Tinh tich phan :
H sin2x +sin x 34
| = | ———dx bS: I=—
£ V1+3cosx 27
Bai 10 (PH B2005) : Tinh tich phan :
2 sin 2x cos x
I=|=—"——"dx. PS: /=2In2-1
y l+cosx
Bai 11 (bH D2005) : Tinh tich phéan :
5 T
I:I(es‘“x+cosx)cosxdx. bS: I:e+z—1
0
Bai 12 (PH A2006) : Tinh tich phéan :
3 .
I= 2y, pS: /=2
3 vJcosx + dsin® x 3
Bai 13 (PH B2006) : Tinh tich phan :
In5
I= L bS: I= lnE
e +2e -3 2
Bai 14 (PH D2006) : Tinh tich phéan :
1 a2
I=[(x-2)e"dx. pS: [ =3¢
0
Bai 15 (PH A2007) : Tinh dién tich hinh phing gidi han boi cac duong:
y=(e+x, y=(+e)x. psS: S=§—1
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Bai 16 (PH B2007) : Cho hinh phang H gi6i han boi cac duong . y=xInx, y=0, x=e. Tinh thé

tich ctia khéi tron xoay toa thanh khi quay hinh H quanh truc Ox. BS : V =

Bai 17 (PH D2007) : Tinh tich phéan :
[=jx3ln2xdx.

1
Bai 18 (DH A2008) : Tinh tich phan :

I = J~tan x
cost

Bai 19 (DH B2008) : Tinh tich phan :

7 ) T
" sin(x ——)d
4 (x 4) X

= dx .

o Sin2x + 2(1+sinx +cos x)
Bai 20 (PH D2008) : Tinh tich phéan :

jlnx

Bai 21 (DH A2009) : Tinh tich phan :

2
1= J.(cos3 —1)cos’xdx

0
Bai 22 (DH B2009) : Tinh tich phan :
J. 3+In x
1 (x+ 1)

Bai 23 (PH D2009) : Tinh tich phéan :
3
1= fx
| © -1
Bai 24 (PH A2010) : Tinh tich phan :
1 2 X 2 x
I J- X +e +2x°e
2¢ +1
Bai 25 (PH B2010) : Tinh tich phan :

dx

I=|—dx
'!. x(In x +2)°
Bai 26 (PH D2010) : Tinh tich phan :

lzj(zx—%)lnxdx
1

Bai 27 (PH A2011) : Tinh tich phéan :

KY THUAT GIAI TOAN TiCH PHAN

7(5¢’ —=2)
27

5¢* -1
32

bS: I=

bS: =—1 n(2+ \/—)—7

bS: I=

bS: I=

bDS: I=——-—

PS: 1=, (+h=)

DS: I=In(e’ +e+1)-2

pS: 7=ty lj1t2e
3 2 3

bS: I=—l+lnE
3 2

ps: 1=%_1
2
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[_]txsinx+(x+1)cosxdx bS: 1=Z 4 in £(£+lj
y  Xsinx+cosx ' 4 2\ 4
Bai 28 (PH B2011) : Tinh tich phan :
g1+xsinx 27
o jlrasing g, PS: 1=v3+2Z+1n(2-5)
, COs°x 3
Bai 29 (BH D2011) : Tinh tich phan :
= j dx 1 ps : 1=ﬁ+101n(3j
\/2x+1+2 3 5

Bai 30 (PH A2012) : Tinh tich phéan :
3
I:J-1+ln(x+l)dx

bS: I:z+ln3—gln2
X 3 3

Bai 31 (DH B2012) Tinh tich phan :

I= '[—dx. bS: I=ln3—§1n2
X377 +2 2
Bai 32 (BH D2012) : Tinh tich phan :
n/4 2
I= _[ x(1+sin 2x)dx bS: I=7z—+l
0 32 4
Bai 33 (PH A2013) : Tinh tich phan :
tx’ -1 5 3
I=[=——Inx dx PS: [=2In2-2
X 2 2
Bai 34 (PH B2013) : Tinh tich phan :
1
:J.x\/2—x2dx bS: [:2\/3—1
0
Bai 35 (PH D2013) : Tinh tich phéan :
I= j(x”) PS: [=1+In2
oy X +1
Bai 36 (PH A, A12014) : Tinh dién tich hinh phang gii han boi dudong cong Y = X*—X+3 va duong
thang y = 2X + 1. DS:Izé
fx? +3x+1
Bai 37 (bH B2014) : Tinh tich phan Iz—dx bS: 1+1n3
X +x
i
t 3
Bai 38 (bPH D2014) : Tinh tich phan I = I(x+1)sin 2xdx bS: I :Z

0
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MOT SO PE Cb, PH KHAC
Bai 1. Tham khao 2005
7
X+2 141
[=|—=dx KQ: —
;[ Ux+1 10
Bai 2. Tham khao 2005
; 3
I= Isinz xtgxdx KQ: ln2—§
0

Bai 3. Tham khao 2005

T

4

I= J.(tngresm.cosx)dx KQ:

0

Bai 4. Tham khao 2005

€

I=J-x21nxdx KQ:

1

Bai 5. CD Khdi A, B — 2005

1

I=J.x3. x? +3dx KQ:

0

Bai 6. CD Xay Duyng S6 3 — 2005

I=i x=3 dx KQ:

S3Vx+1+x+3

Bai 7. Cb GTVT - 2005

1
I:jxsxll—xzdx KQ:

0

Bai 8. CP Kinh Té K§ Thuat I — 2005

I=

Sty

Bai 9. CD Tai Chinh K& Toan IV — 2005

NG}
I= I\/x3 +1.x°dx KQ:
0

Bai 10. CP Truyén Hinh Khi A — 2005

n

— 1 2
Izj.l 2 sin de KQ:

o 1+sin 2x
Bai 11. CBSP Tp.HCM - 2005

e’ sin Sxdx KQ:

6In3-8

3z

3e? +5

34

848
105

—1In2
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I_j‘ dx KQ: \/572'

Sx7+2x+4 18
Bai 12. CD KT-KT Can Tho — 2005

1=jlnzX dx KQ: 1-2

X (&

1

Bai 13. CBSP Vinh Long — 2005

3
I= X—de KQ:E

o A3x+1 15

Bai 14. CD Bén Tre — 2005

4

2

I:J- cos3x

- 1dx KQ: 2-3In2
o Sin X +

Bai 15. CDSP Séc Tring Khéi A — 2005

sin xdx g

S [N

~
Il
S 0 | N

. x
sin? x + 2 cos x.cos> =

Bai 16. CP Cong Pong Vinh Long — 2005

:J-xlnxdx KQ: e+l
1 4
Bai 17. Cb Cong Nghié¢p Ha Noi — 2005
: -
Izj&sin&dx KQ: —--4
0

Bai 18. CBDSP Ha No¢i — 2005

2 .3 2
X" +2x°+4x+9 T
I= dx KQ: 6 +—
J- x* +4 Q 8

0

Bai 19. Cb Tai Chinh — 2005

—I xdx KQ: l
x +1 8
Bai 20. CDSP th Phuc — 2005
Je
[= Id—x KQ: ~
1 xv1—In” x 6
Bai 21. CBSP Ha No6i — 2005
3 sin 2™ x T
I= dx KQ: —
'([ sin? x + cos®™ x Q 4

Bai 22. CBSP KonTum — 2005

KY THUAT GIAI TOAN TiCH PHAN

< 2
_xsinxdy g ppnp, j2ZoN3
SIn 2xcos” x 3

N

4
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Bai 23.

Bai 24.

Bai 25.

Bai 26.

Bai 27.

Bai 28.

Bai 29.

Bai 30.

Bai 31.

Bai 32.

Bai 33

Bai 34.

KY THUAT GIAI TOAN TiCH PHAN

H
I4s1n X KQ: 2
0

1+cosx

Tham khao 2006
6

1= dx KQ: In> -1
S 2x+1+4x+1 2 12

Tham khao 2006

T

I=i(x+1)sin2xdx KQ: %4‘1
Thaom khao 2006

I:j(x—z)lnxdx KQ: %—1114
Tha]m khao 2006

10 dX
Izj— KQ: 2In2+1

s X—2vx—1

Tham khao 2006
%
3—-2Inx dx E\/E 3 E

I= | ——— KQ:
'!-X\/I-i-ZIHX Q

Cb KTKT Coéng Nghiép II — 2006
1
I= jxln(l+x2)dx KQ: an—% (D6i bién t =1+x7, ting phan)

0
CD Co Khi — Luyén Kim — 2006
“In(1+
Izjudx KQ: 3In2->1n3
X 2

CD Nong Lam — 2006

1
:J.X\/X2+1dX KQ: 2\/2_1

0

DH Hai Phong — 2006
1

X

I= dx K —1n2

I 1+x? Q

CD Y Té - 2006

Sin X —COS X

—dx KQ: Inv2
vV 1+sin2x Q nf

I=

BN o[y

. CD Tai Chinh K& Toan — 2006

I_

c_,w

xln(x2+5)dx KQ: (14ln14 5In5-9)

Cb Su Pham Héi Duong — 2006
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Bai 35.

Bai 36.

Bai 37.

Bai 38.

Bai 39.

Bai 40.

Bai 41.

Bai 42.

Bai 43.

Bai 44.

Bai 45.

Ccos2Xx

0 [N

I= ~dx  KQ:

0 (smx—cosx+3)

Hé Cb — bH Hung Vuong — 2006
1

I= I(x l)cosxdx KQ:
0

CD KTKT Dong Du — 2006

Z
1= J~ Ccos2Xx KQ:
0 1+2sm2x

CD Su Pham Quang Binh — 2006

In2

I_I\/e—+ KQ:

CD Su Pham Quang Ngai — 2006
2 A

1= asin X oy KQ:
, 1+cosx

Izj‘ X2 dx KQ:

lln3
4

~2f——

2

T
ZimXE
47 2

CD Ban Cong — Cong Nghé - Tp.HCM — 2006

3
x—3
I= X KQ:

J.3\/x+1+x+3 Q

CP Su Pham Tién Giang — 2006

9
I=J.x.\3/1—x dx KQ: ——
1

CD Bén Tre — 2006

e 3

Izj[x +1]1nxdx KQ:
| X
1

I=.[x2 2+x’ dx KQ:
0
H

I=[(2x—1)cos’ xdx KQ:
0

I—I (ez"+x/_)d KQ:

6In3-8

468

2 11
18

9
%(3@—2&)

1(722 T J
| ——+1
204 2

e 1

4 14

Bai 46. Cb KT-KT Cong Nghiép I - 2006
KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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Bai 47.

Bai 48.

Bai 49.

Bai 50.

Bai 51.

Bai 52.

Bai 53.

Bai 54.

Bai 55.

Bai 56.

:
= osier
0
1
=
0

sin 3x
2c083x + 1

KQ: Khong ton tai

CD KT-KT Cong Nghiép II — 2006

xln(1+x2)dx

CP Xay dung s 2 — 2006

1

CP Xay dung s6 3 — 2006

1= I(x+cos3 x)sinxdx

0
Cb GTVT IIT - 2006

P—(

_ COSX
5 2s1nx

2
j (2x+7)In(x+1)dx

CD Kinh té d6i ngoai

V4

I:I(

CBSP Hung Yén - Khéi A— 2006

I- I

CDSP Hung Yén - Khéi B— 2006

s

1- tggx) dx

4x+3
x2 —3X+2

sin3x —sin’ 3x
1+cos3x

dx

—2006

KQ:

KQ:

KQ:

KQ:

KQ:

KQ:

KQ:

KQ:

1

In2——
2

2—101 3

3

3

4

13

2 3

24In3-14

76

105

18In2—-71In3

—l+lm2

6 3

CDSP Hung Yén - Khéi Dy , M— 2006
KQ %(3@ -232)

CP Ban cong Hoa Sen — Khdi A — 2006

]

V4

4
I :I cos4 x —sin* x)dx

“Inx32+1n’x

X

dx

KQ: 2

CD Ban cong Hoa Sen — Khbi D — 2006

I=

Sy |y

COS2x

——dx
1+2sin2x

KQ:

l1n3
4

KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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Bai 57.

Bai 58.

Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Bai 64.

Bai 65.

Bai 66.

Bai 67.

Bai 68.

CDSP Trung Uong — 2006

2 2
= .[sin x sin 2xdx KQ: 3
CDSP Ha Nam — Khdi A — 2006
I= KQ: In———
'[ X+3
CDSP Ha Nam — Khdi M - 2006
b )
I= I cosxdx KQ: T 5
1 4

CPSP Ha Nam — Khéi A (DB) — 2006
I= ILZ

1 x(1+ln x)
CDPKT Y Té1-2006

T
KQ: —
Q4

\V1+sin2x

CD Tai Chinh Hai Quan — 2006

5
SIN X —COS X
I=f—dx KQ: Inv2
3

1
KQ: —In*3
Q 16

CP Ki thuat Cao Thing — 2006
2 3 15
I=|sin2x(1+sin’*x) dx KQ: —
Jsin2x(tesin'a) ax - KQ:

CDKT Tp.HCM Khéa II - 2006

lnx
I= j KQ: 4-2e
CBCN Thuc pham Tp.HCM — 2006
1 1 T
[=|——d KQ: —
! X +2x+2 * Q 4
CDb Dién lyc Tp.HCM - 2006
7
box+2 46
I= dx KQ: —
}[ V3x+1
CD Kinh té cong ngh¢ Tp.HCM Khdi A— 2006
T
- [ —ax KQ: 72
), COS™ X 4 2

CP Kinh té cong nghé Tp.HCM Khéi D; — 2006

KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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2
I=(4x—1)Inxdx KQ: 61n2-2

1
Bai 69. CDSP Ha Nbi Khdi D1 — 2006

d KQ 2 In2
:—In2.
sin x. sin(x+73[j ‘/§

Bai 70. Tham khao khdi A — 2007

[ KQ: 2 +1In2

o 1++2x+1
Bai 71. Tham khao khdi B — 2007

I=

AN |y

Tinh dién tich hinh phing gidi han boi cac dudong y=0va y=

Bai 72. Tham khao khéi B — 2007

Tinh dién tich hinh phing giéi han boi cac duong y=x>va y=~+2-x>. KQ:

Bai 73. Tham khao khdi D — 2007

jx(x—l)dx

X’ —4

0

Bai 74. Tham khao khdi D — 2007

a

2 P
Ixzcosxdx KQ: 7—2

0

KQ: 1+In2—gln3

x(l—x) L 1

2+l

Bai 75. CDSPTW — 2007. Tinh dién tich hinh phang gi6i han béi cic duong c6 phuong trinh y = x> — 2 ;

y=x; x=-1, x=0. KQ:%
Bai 76. Cb GTVT - 2007
T
2 3
4005 X 4y KQ: 2
o 1+sinx
Bai 77. CBDL Cong ngh¢ thong tin Tp.HCM — 2007
X + 2 231
K
et @
Bai 78. CP Khéi A — 2007
1 2007 2008 _ 52008
j%(nlj dx KQ: -2
) X X 2008

3
Bai 79. CD Co khi luyén kim — 2007

e
j(x Inx)” dx KQ:
1

Bai 80. CBSP Vinh Phuc — 2007

(58 -2)

KY THUAT GIAI TOAN TiCH PHAN

Bién soan: Thac si. Trwong Nhat Ly
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© 7 1

(XSinX)2 dx KQ @—ﬁ-{-z

I S G

Bai 81. CP Khéi B — 2007
Tinh dién tich hinh phang gidi han bdi cac duong y =X, y = X+ €08’ X, X =0, X = 7.

T
KQ: —
r Q 2
Bai 82. Cb Khoi D — 2007
0
H x +1|dx KQ: 1
-2
Bai 83. CD Dét may thoi trang Tp.HCM — 2007
v dx NEE
| KQ1-—-25
7 X2 (X +1) 3 12
Bai 84. Cb Hang hai — 2007
3
J.xi’/x2 —1dx KOQ: %
1
Bai 85. CD Kinh té ki thuat Thai Binh — 2007
0
3 31
2X Y2 Y0
Ix(e + x+1)dx KQ: e -

-

Bai 86. Cb Cong nghiép Phuc Yén — 2007
1
[ xe* dx KQ: 1
0

Bai 87. CD Khoi A, B, D - 2008
Tinh dién tich hinh phing gi6i han boi parabol (P): y =—x" +4x va duong thing d : y =x.

KQ: % (dvdt)

100 BAI TAP TiCH PHAN THAM KHAO

2
dx 1
1. A= ds: — (27 =8 -1)
'!-x/x+1+\/x—1 3
/2
2. B= J. V1—cos2x dx ds: 2\/5—1
—l4
fxl—2x+3 1
3. C=|—dx ds: ——+3In2
y 2-Xx 2
/2
4. Dzjcoszx.cos4xdx ds: —%
/6

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 33
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/2
5. E= I cos 2x(sin”* x +cos* x)dx ds: —ﬁ
/6 32
2
6. F= I\/1+sinx dx ds: 442
0
/2 + 3
7. G= J. dsin” xdx ds: 2
y l+cosx
2
8. H=[|x*+2x-3|dx ds: 4
0
5
9. 1=j(|x+2|—|x—2|)dx ds: 8
-3
1
10. K = [(|2x—1|=| x|)dx ds: 5/2
-1
11. Cho hai ham s f(x) = 4cosx +3sinx , g(x) = cosx + 2sinx
a) Tim cac s0 A, B sao cho g(x) = A.f(x) + B.f ’(x)
/4
b) Tinh | ) g dsa=2sB=—1/5, F_Lin T
) f(x) 10 5 42

12. Tim cac hang s6 A,B dé ham s f(x) = Asinnx + B thoa méin dong thoi cac diéu kién £°(1) =2

2
va[ f(x)dx=4 ds: A=-2/n,B=2
0

1/2
13. M= | {%—L)dx ds: Z442-2
NN 1-x7 4
14 N—TL ds: ~
L xv1=In? x 6
V212 2
15. O = J- a dx ds: ﬁ_l
0 1—x2 8 4
X T
16. P=[——dx ds: —
o X +1 16
3 4
x =1 207
17. O = dx ds: ———18
0 ;|;x2+9 3
443 2
18. R= | ? x gs: =3
S X 24 16
243
19. R= J. & ds: T
7 oxxt -1 12
¢ dx
20. S:j ds: —In(~2 -1)
0 l+x2
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21.

22.

23.

24.

25.

26.

27.

28.

29. D

30.

31.

32.

33.

34.

35.

36.

37.

T:j‘ 1+ x%dx

(N
I

(1—x2)3 dx

a
I

oy
I
Ny Ot~ Oot—— [ —oo

AN
I
=
=
_I_
[\
&

(o]
Il

O e L) S 1O
)

a
Il
—
i‘

=

»)
Il
O‘—;ﬁ -E

=
+
=

oo
[
S

&

B!
I

—_ e b O —y —
[a—
+
Py

=
+
=

KY THUAT GIAI TOAN TiCH PHAN

V21
ds: T—Em(ﬁ—l)

ds: ———
ds: ————
ds: —+1-—
ds: 7—4

ds

ds: —

1_27[\/5

2 9

V2

6

ds:

ds:

ds: z
3

32 23
_+_
15 5
106

15

ds: —%
5

ds:

ds:

ds: 141/20
ds: 2(1 — In2)

ds: lng
4

Bién soan: Thac si. Trwong Nhat Ly
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1
38. G=[——dx & L
o (x+1) 8
7/3
x+1
39. H ds: 46/15
'[\3/3x+
40. [ = dx ds: 6ln3 -8
I3Vx+ I+x+3
2 cos2x 1
41.K:'[ - T dx ds: —
o (sinx—cosx+3) 32
/2
42. ] = .dx ds : lln3
Sy sinx 2
/3 3
43. L = j tan® x dx ds: ——In2
0 2
/4 P 2
44. M = J. tan® x dx ds: ——=—
0 4 3
/4
45, N = I tan® xdx ds: B r
15 4
? sin 2x +sin x 34
46. O= —dx ds: —
v V1+3cosx 27
1
2
47. P =[x’ 1+x> dx ds: E(J§+1)
0
In2 x
4. 0= [ ax ds: In°
, 1+e 9
X 11
49. R=j—dx ds: ——41In2
L L++/x—1 3
Je
50. S = j—3 2nx ds: 10211
L xV1+2Inx 3
2
51. T:j dx3 ds: lln§
X+ X 2 5
2
52. U:j$ ds: llnE
lx(x +1) 39
In2 ex 1
53.V = 5 dx ds: —
o (e +1) 6
/4 d 4
54. X = j ds: —
y COS” X 3

KY THUAT GIAI TOAN TiCH PHAN Bién soan: Thac si. Truwong Nhat Ly 36
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55S.

56.

57. B

58.

59.

60. D

61.

62.

63.

64.

65.

66.

67. L

68. M

69. N

70. O

71.

¥ o j-\/1+31nx lnx
1
3
A=
!x+2Vx+ 1+2
5
!x+2v -1+3
/2
C= (cos3x+sin3x)dx

dx

6 Nsin x

/2 -
COSX+SIMXxCoSx

- dx
2+sinx

0

/2 3
J‘ COS X
0

sin4x
I=) — ¢ _dx
, Sin’ x+¢cos’ x

K_”J/-z sin3x i
0 1+cosx

:!3+xlnx

V3
_[ sin xv/sin x —sin® x dx
0

/2
" cos x.dx

}[13—10sinx—cos2x
j» dx
T
-7/4 COS X.COS| X+ —
)

i sin x
S= j . dx
o Sinx++/3 cosx

KY THUAT GIAI TOAN TiCH PHAN

ds:

ds:

ds:

ds:

ds:

ds:

ds:

ds:

116

ds: —
135

ds: 21113—l

2 3

N

ds: In 3——
9

ds: i
3

ds 25In2-16In3+1

ds: 11+6ln2
3
3.5
ds: g(\/g—l)
ds 2\/——

8 19

5 1042

1+1ng
3

2 In4
3

3In2 -2

) 7+~31n3

8

Bién soan: Thac si. Trwong Nhat Ly
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2In2

72. P= | d
In2 ex _1
/2
73. 0= d
y 2—cosx
2
x.dx
74. R= | —
'!.x+ Vvx?t =1
/6 tan4 X
75. S = j dx  (A-2008)
y COs2x
3
dx
76. T = | ———
!\/xz —2x+2
1 2
77. U= J.x;dx
2x—x2
78, V- J~5x +4
) X +1
/2
79. Cho hai tich phan: / = j cos” x.cos” 2x dx

0
a) TinhI+Jva 1-1J]
b) TinhI,J ds: /4 ; 0; m/8
80.

/2

ds: z

ds:

6
27z\/§

9

ds: %—\/5

10V3

ds: —1 (2+ f)——

ds : ln(\/g +2)

ds:

3 =

7[7\/_

AT
8

_47r\/§
9

+3In2

/2
J. sin? x.cos” 2x dx
0

Gia sir f(x) 12 ham s6 lién tuc trén [0;7] . Chirg minh rang:

jx £ (sin x)dx = = j F(sinx)dx =7 j £ (sin x)dx

Ap dung: J = J.anxdx ds: m%/4
o 1+cos™x
81. Cho ham s f(x) lién tuc trén R va véi moi x thudc R ta déu co @ fix) + fl—x) = v2—-2cos2x .
37/2
[ feax  ds:6
-37/2
1
82.X=I - dx ds:—lln3
b (eA +1)(X2 —4) 4
7l 6
83.Y= [ —— —dx ds: =
, Sin” x+cos’ x 4
1 3 N3
84. A=jx1n(x +x+1)dx ds: ~In3-"2
0 4 12
2
85. B=[x’1 ( j ds: 10 1
1

KY THUAT GIAI TOAN TiCH PHAN

3In3——In2+—
3 6

Bién soan: Thac si. Trwong Nhat Ly
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86. C = J-x.sin x.cos’ x dx
0

v

87. D= | cos(Inx) dx

1

3
88. E = j In(x* - x)dx
2
/2 o
F = j "™ *sin’ x cos xdx
0
/4

G= '[ x tan? xdx

89.

90.

91. H =

92. 1:]‘

z
93. K:j”smxexczx
0

94.

95. M = J- cos\/;dx
0

96.

N:jx/;sin\/;dx
0

97. O=|x.In* x dx

98. P=|(x" +2x).e"dx

Sl

99. Q= [In(x+1+x")dx

1

100. R=j

-1

2
G’ +1)
e’ +1

KY THUAT GIAI TOAN TiCH PHAN

ds: —

3

ds: —l(e” +1)
' 2

ds: 3In3 -2

ds: m—2

ds 2n” -8
ds: —(e* -1)
ds: e

ds: In(1+~/2) =2 +1

7]

ds: 1n2—2+Z
2

Bién soan: Thac si. Trwong Nhat Ly
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